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ABSTRACT:

An overview and simple example of photoelectron imaging is presented, highlighting its eﬃcacy as a pedagogical tool for visualizing
quantum phenomena. Speciﬁcally, photoelectron imaging of H (the simplest negative ion) is used to demonstrate several quantum
mechanical principles. This example could be incorporated into an introductory quantum chemistry course to extend the traditional
discussion of the photoelectric eﬀect and photoelectron spectroscopy into the area of matter waves. In working through this
example, several core quantum-mechanical topics and concepts have been explored, such as conservation of angular momentum, the
transition dipole moment, components of the hydrogenic orbitals, the Born interpretation of the wave function, and the theory of
quantum measurement.
KEYWORDS: Upper-Division Undergraduate, Physical Chemistry, Analogies/Transfer, Atomic Properties/Structure, Atomic
Spectroscopy, Lasers, Quantum Chemistry, Spectroscopy

Q

uantum chemistry is a daunting subject to many undergraduate students, in part because the underlying principles
and concepts can be abstract and diﬃcult to relate to. It has been
proposed that modern experimental examples can help to
ground quantum theory in clearly observable phenomena and
thus facilitate learning.1 The emerging technique of photoelectron imaging can supply such examples. A pedagogical introduction to the technique is provided, aimed at chemical educators
and undergraduate students studying physical chemistry. The
goal is to provide a contemporary, phenomenological means for
connecting concepts in quantum theory to experimental results.
Some cases where photoelectron imaging might oﬀer a valuable,
alternative illustration of key ideas are highlighted. This approach
will also raise awareness of this increasingly important experimental technique in a wider audience.

increasing the light’s intensity increases the number of electrons
released, contrary to the classical expectation that it should
increase the speed with which they depart. On the other hand,
increasing the frequency of the radiation does increase the speed
(or kinetic energy) with which the electrons are ejected, and the
classical expectation that there should be an increase in the
number of electrons released is not realized! Finally, decreasing
the frequency to a certain point (unique to the type of metal)
causes the electron emission to cease, regardless of the light’s
intensity.
These observations necessitate a description of light as having
both particle- and wave-like attributes. Light is indivisible beyond
discrete packets, now called photons,a each with energy deﬁned
by the light’s frequency. The photoelectric eﬀect was explained
by Albert Einstein in one of the papers2 of his annus mirabilis, as a
one-photon, one-electron process where part of the photon’s
energy is spent in overcoming the binding force, with the excess
converted into kinetic energy of the released electron (or
“photoelectron”). For photons whose energy is above the cutoﬀ
frequency, electrons may be liberated with kinetic energy (eKE)

’ INTRODUCTION TO PHOTOELECTRON IMAGING
The photoelectric eﬀect is usually discussed in physical
chemistry courses as part of the introduction to waveparticle
duality and the quantization of light. This phenomenon of
electron release upon irradiation of a metal surface has characteristics that cannot be explained by classical physics. First,
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eKE e hν  Φ
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where Φ, the work function of the metal, is the smallest photon
energy for which photoemission may occur. The photoelectric
eﬀect is the most commonly used classroom example of the
quantization of light energy.
Applying the light source to atoms and molecules also reveals
quantized energy levels in matter. Photoelectron spectroscopy
has become an extremely useful and versatile tool for probing the
energies of atomic and molecular orbitals.3 This is usually done
through interpretation of the photoelectron energy spectrum,
which indicates the probability of the emitted electrons having a
certain kinetic energy. The photoelectron spectrum contains the
probability of removal of an electron from a given orbital and the
amount of energy required to do so, often yielding information
about the energy spacing of electronic and vibrational levels in
atoms and molecules.
It is less appreciated that photoelectrons produced using
polarized radiation have characteristic distributions of the directions of their velocities. These distributions, referred to as
photoelectron angular distributions, are generally anisotropic.
This arises due to the quantization of angular momentum.
Students of chemistry generally appreciate that atomic orbitals
have deﬁned shapes and symmetries based upon their orbital
angular momentum. Similarly, the angular distribution of the
photoelectrons is dependent on angular momentum, related
through selection rules to the shape of the orbital from which
it was removed. In particular, interpretation of photoelectron
angular distributions for isolated atomic or molecular systems
yields insight into the structure and symmetry of the parent
orbitals from which the electrons were ejected.
Photoelectron imaging combines photoelectron spectroscopy
with a photographic approach to quantify photoelectron distributions upon detachment from gas-phase chemical systems.
This elegant experimental technique probes both electronic
energy eigenvalues and the properties of the corresponding wave
functions. Research groups apply photoelectron imaging to
negative ions. The term “photodetachment” refers to the process
of removing an electron from an anionic species to leave a neutral
molecule or atom behind. Photodetachment generally requires
signiﬁcantly less energy than photoionization (removal of an
electron from a neutral molecule), allowing the use of visible
rather than extreme ultraviolet or X-ray photons.
Technical details of the instrumentation are described
elsewhere.4 In brief, negative ions formed in a high-vacuum
environment are separated according to their mass-to-charge
ratios using a pulsed time-of-ﬂight mass spectrometer. A pulsed
laser beam is timed to irradiate only the ions of interest, resulting
in a few photodetachment events each experimental cycle. A
static electric ﬁeld generated by a set of velocity-map imaging
electrodes (Figure 1) has the eﬀect of (i) projecting the photoelectrons onto a two-dimensional, position-sensitive detector;
(ii) focusing (or “ﬂattening”) the photoelectron distribution
longitudinally onto the plane of the detector; and (iii) mapping
all identical photoelectron velocity components onto the same
position on the detector regardless of the exact position from
which the photoelectron originated in the laser-ion interaction
region. The images resulting from accumulation of ∼105 individual electron impacts represent the probability distribution of
the photoelectrons in the plane of the detector, reﬂecting both

Figure 1. (A) Side view of the photoelectron imaging assembly. The
three circular electrodes comprising the velocity-map imaging lens
are shown in gray. The laser’s electric ﬁeld vector, εF , is parallel to the
plane of the detector and indicated by the blue double-headed arrow
(directed perpendicular to the plane of the page). The photoelectron
wavefront (red) is projected onto the detector along the x axis. (B)
Top view of the laser-ion interaction region. The laser beam (blue)
propagates in the y direction; εF lies along the z axis, parallel to the
ion beam (yellow). The electrodes and detector are parallel to the
yz plane.

the traditional photoelectron energy spectrum and the photoelectron angular distribution.
The visual nature of the photoelectron image makes it an
automatic object of curiosity for a student. This curiosity can be
used to stimulate an interest in the information content of the
image, providing a compelling new context within which to
explore the principles taught to undergraduate quantum chemistry students, either in lecture or as part of a homework or
classroom discussion activity. For example, faculty could examine
this framework for themselves or introduce this material to their
students during lecture as an alternate illustration of certain
principles (such as electronic transition selection rules). Related
questions could be included in homework assignments to
prompt creative application of fundamental principles. More
advanced students might enjoy reading this article.
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The simplest negative ion, H, has been chosen as a tutorial
system, for which some imaging results have been reported.5
Hydride relates directly to the quantum-mechanical Hamiltonian
for the hydrogen atom, the solutions of which form the groundwork for understanding electronic structure and chemical bonding. In the following, our independent study of H is used as a
new context for discussion of concepts that are key to quantum
chemistry.

’ WAVEPARTICLE DUALITY OF MATTER
Waveparticle duality is at the heart of quantum mechanics.
Einstein’s explanation of von Lennard’s photoelectric eﬀect measurements clearly showed that light has both particle-like and wavelike properties. Though not typically emphasized in the context of
the photoelectric eﬀect or photoelectron spectroscopy, objects with
a nonzero inertial mass (which classically would be considered
particles) also behave like waves. The characteristic wavelength (λ)
is dependent on the particle’s momentum (p) according to the de
Broglie relation: λ = h/p, where h is Planck’s constant.
Chemists rely upon this principle; the description of molecular
structure is based upon electron wave functions that deﬁne
atomic and molecular orbitals. A similar approach holds for free
electrons with the key distinction that electrons in molecules are
in bound, spatially localized states, whereas a free electron is a
boundless, propagating wave.
When an electron is photodetached from a negative ion, its
behavior should be viewed as wave-like. As the electron departs,
its average separation from the remaining neutral species increases with time. However, the direction in which the electron
travels is usually fundamentally undeﬁned. A photoelectron
ejected from a molecule can be thought of as a spherically
expanding wavefront, similar to an inﬂating balloon whose
surface becomes increasingly distant from its center. In photoelectron imaging, photoelectrons are probed after a set expansion
time by projecting them onto the detector.
’ QUANTUM MEASUREMENT AND PROBABILITY
DENSITIES
The interaction of the electron wavefront with the detector
constitutes an act of measurement, which collapses the wave
function into one of the eigenfunctions of the measurement
operator. Because the eigenfunctions of the position operator are
delta functions of the coordinates, measurement results in a
single observable impact spot. Thus, even though quantum
mechanical descriptions of electrons are cast in terms of wave
functions, each individual electron is observed as impacting the
detector in a single spot, which reinforces the intuitive perception
of electrons as microscopic particles.
A single measurement does not reveal the inherently delocalized probability distribution associated with a photoelectron; it
results in only one of the possible outcomes. However, by
repeating the same experiment many times, a statistical distribution of measured impact positions is accumulated, mapping the
probability density of photoelectrons. According to the Born
interpretation of quantum mechanics, the distribution measured
for many photoelectrons detached from identical systems reﬂects
the square modulus of the wave function for a single photoelectron immediately before impacting the detector.
The experimental process of acquisition of a photoelectron
image, and hence the accumulation of the photoelectron probability
density distribution, can be demonstrated using either an animated

Figure 2. Recording of photoelectron impacts after detachment from
H using 800 nm (1.55 eV) photons: (A) Electrons impact the detector
as localized, seemingly random spots. Image corresponding to detection
of approximately 15 photoelectrons. (B) The emerging pattern due to
many (∼200) electron impacts. (C) The noise-subtracted, intensityscaled distribution for ∼200,000 photoelectrons. Darker areas indicate a
greater number of electron impacts. (D) Reconstructed cross-section of
the 3D distribution. The electric ﬁeld polarization vector for the laser
radiation is vertical in the plane of the image.

compilation (see the Supporting Information for an animation of
the accumulation process) or a sequence of selected acquisition
frames. The accumulation of photoelectron impacts on the detector
for 800 nm photodetachment from H is illustrated in Figure 2. The
relatively few events in Figure 2A, resulting from a small number of
experimental cycles, seem randomly distributed, but by the time as
few as ∼200 events have been accumulated (Figure 2B), a circular
pattern begins to emerge. The pattern is much better deﬁned in
Figure 2C, which is the result of approximately 200,000 event
measurements. The distance from any point to the image center is
proportional to the electron speed in the plane of the detector.

’ IMAGE ANALYSIS
The photoelectron image is the projection of a 3D probability
density function onto the 2D detector. However, if the laser light
is linearly polarized, the original distribution is cylindrically
symmetric about the polarization axis (here the z axis). Thus,
the 3D distribution is actually a function of only two variables
(r and z). If the z axis is parallel to the detector, the recorded image
is an Abel transformation (i.e., projection) of the original
cylindrically symmetric distribution. The 3D distribution is
recovered via an inverse Abel transformation,6 which returns a
slice through the center of the cylindrically symmetric photoelectron cloud (see the appendix included in the Supporting
Information for description and animated illustration of Abel and
inverse Abel transforms). The “Abel-inverted” slice for H is
shown in Figure 2D. It represents the electron probability density
as a function of r, the distance from the center, and θ, the angle
with respect to the z axis. Rotation of this reconstructed slice
about the z axis retraces the entire 3D distribution.
’ THE PHOTOELECTRON ENERGY SPECTRUM AND
ANGULAR DISTRIBUTION
Integrating the cylindrically symmetric 3D distribution over
the entire range of θ yields the photoelectron distribution as a
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Figure 3. (A) Photoelectron spectrum for H with hν = 1.55 eV (λ =
800 nm). (B) Angular distributions: black circles correspond to normalized experimental photoelectron signal intensities as a function of angle.
For clarity, only every 5th data point is shown. The solid blue line
corresponds to the square modulus of the spherical harmonic for l = 1
and ml = 0, |Y10|2  cos2 θ.

function of r, which is proportional to the electron speed. An
appropriate coordinate transformation from r to electron kinetic
energy, eKE, produces the photoelectron spectrum, shown for
H in Figure 3A. The spectral line width is due to various
instrumental factors.4
The spectrum in Figure 3A peaks at eKE = 0.80 eV. For hν =
1.55 eV, this corresponds to an electron binding energy eBE =
hν  eKE = 0.75 eV, which is the electron aﬃnity of atomic
hydrogen. The above expression is analogous to eq 1, with the
work function Φ replaced with the eBE. The imaging result thus
provides an alternative demonstration of the concepts involved
in the photoelectric eﬀect and photoelectron spectrum.
In addition to the radial coordinate, the photoelectron signal
intensity in Figure 2C,D also varies with respect to θ, reﬂecting
the angular dependence of the free-electron probability density.
The photoelectron angular distribution is calculated by integrating the slice in Figure 2D with respect to r and plotting the result
as a function of θ, as shown in Figure 3B. In general, the angular
distribution in one-photon detachment has the form:
IðθÞ  1 þ βð3 cos2 θ  1Þ=2

selection rule for a one-photon, electric-dipole allowed transition. The absorbed photon carries one quantum of angular
momentum, which is transferred to the electron upon photodetachment. Because l = 0 for the H 1s orbital, the free electron
must have l = 1, corresponding to a “p wave”, similar to an atomic
p orbital, but with a diﬀerent (unbound and time dependent)
radial component.
The image in Figure 2C is consistent with the photoelectron
having pz character—the image shows a single node perpendicular to the z axis, corresponding to a cosine-squared angular
distribution. The bound- and free-electronic wave functions
corresponding to a given value of l (and m) have the same
angular dependence, diﬀering only in the radial parts. In the case
of a pz free-electron wave, as well as for a bound pz orbital, the
angular distribution is calculated as I(θ)  |Y10|2, where Y10 is
the angular part of the wave function, the spherical harmonic for
l = 1 and m = 0. This limiting distribution is superimposed with
the experimental data in Figure 3B. In the following, the rational
as to why the free-electron p wave, in this case, is polarized along
the z axis rather than the x or y axes is examined.

’ THE TRANSITION DIPOLE MOMENT
For a transition to be allowed under the one-photon and
electric-dipole approximations, the transition dipole moment,
deﬁned as
Z

ð4Þ
μFfi ¼
ψf ðr, θ, ϕÞμ^ψi ðr, θ, ϕÞ dτ ¼ Æψf jμ^jψi æ
all
space
must be nonzero. In eq 4, μ^ = e F
r is the electric dipole operator,
dτ is the inﬁnitesimal volume element, while ψi and ψf are the
wave functions representing the initial (bound) and ﬁnal (free)
states of the electron, respectively. The transition amplitude is
proportional to the scalar product of μF
fI and the electric ﬁeld
vector. The transition probability P is given by

ð2Þ

where β is the unitless anisotropy parameter. The values of β
may range from 1 to 2. Positive values indicate a photoelectron
angular distribution peaking in the direction parallel to the laser
polarization vector (such as in Figure 2), whereas negative values
indicate predominantly perpendicular photoelectron emission.
By ﬁtting eq 2 to the experimental data for H, as shown in
Figure 3B, the value of β = 1.92 ( 0.04 was determined, which is
close to the limiting case of β = 2, corresponding to a purely
parallel (cosine-squared) angular distribution.
The photoelectron angular distribution is related to the parent
atomic orbital via the relevant selection rules. In the following,
the selection rules are applied to the transformation of the
electron from a bound 1s atomic orbital to an evolving photoelectron wave upon absorption of a photon:

ε j2 ¼ jμfi, x εx j2 þ jμfi, y εy j2 þ jμfi, z εz j2
P  jμFfi 3 F

ð5Þ

7





H ð1s Þ þ hν f H ð1s Þ þ e
2

1

ð3Þ

’ CONSERVATION OF ANGULAR MOMENTUM
The physical signiﬁcance is extracted from the photoelectron
angular distribution I(θ) by ﬁrst considering the Δl = (1

where εF is the laser light’s electric ﬁeld vector.
For z polarized laser light, only the z component of the
transition moment is important, because εx = εy = 0. The
condition for the absorption of a photon is therefore
Z
μfi, z ¼  e



all
space

ψf ðr, θ, ϕÞzψi ðr, θ, ϕÞ

dτ ¼  e 3 Æψf jzjψi æ 6¼ 0

ð6Þ

where the deﬁnition of the dipole operator is used. The integration in eq 6 is over all space. However, only the angular
components of the wave functions need be considered to
understand the photoelectron angular distribution. The angular
part of each possible ﬁnal state wave function is identical to the
angular part of a hydrogenic orbital and can be expressed as a
spherical harmonic function, Yl m . Considering only the angular
components and recalling that dτ = r2 sin θ dr dθ dϕ, the
1518
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condition in eq 6 simpliﬁes to
Z 2π Z π

Yf ðθ, ϕÞzYi ðθ, ϕÞ sin θ dθ dϕ ¼ ÆYf jzjYi æ 6¼ 0
0

0

ð7Þ
where Yi and Yf are the spherical harmonics corresponding to the
initial (bound) and ﬁnal (free) states of the electron, respectively.
For photodetachment from the 1s orbital of H, Yi = Y00 and Yf =
Yl m where l = 1, so that the possible values of m are 0 and (1.
Because Y00 is an even function, whereas z is odd, the integral in
eq 7 is nonzero only if Yf* is odd with respect to the z axis.
Therefore, the only allowed free-electron wave in this case is that
for which m = 0, corresponding to the pz wave.
This result can be illustrated pictorially using the common
visualizations of the real px, py, and pz angular functions instead of
those for p0 and p(1:

Figure 4. Photoelectron images for detachment from (A) O at
355 nm and (B) NO at 785 nm (images are not to scale). The multiple
transitions in each image correspond to generation of multiple (A)
electronic or (B) vibrational states of the remaining neutral species. The
ﬁnal state energy levels are indicated in C (electronic, for O) and D
(vibrational, for NO).

These illustrations conﬁrm that the only ﬁnal state that corresponds to a nonzero value of the z component of the transition
dipole moment for photodetachment from the bound 1s orbital
is the free pz (l = 1, m = 0) wave. Thus, the only free-electron
waves allowed in the one-photon, one-electron photodetachment of H (1s2) using linearly z polarized light are pz waves,
with intensity peaking in the laser polarization direction (at 0
and 180). This prediction is in agreement with the experimental
angular distribution seen in Figures 2BD and 3B. It is worth
noting that the three-dimensional distribution will be p-like with
respect to the laser polarization axis, regardless of the laboratoryframe conﬁguration. However, in the event that the polarization
is perpendicular to plane of the detector, that is, along the x axis
indicated in Figure 1A, the cylindrical symmetry about this axis
would result in a seemingly isotropic photoelectron image and
necessitate a diﬀerent image reconstruction technique to obtain
the original 3D distribution.

’ EXTENSION TO OTHER ANIONS
Using H as an example, the photoelectron angular distribution is shown to be related through symmetry to the wave
function of its initial state. It is noteworthy that the results for
H are qualitatively consistent with the classical expectations.
The interaction of the oscillating electric ﬁeld of light (described
as classical electromagnetic wave) with bound electrons
(described as particles or a charged cloud) would result in an
external force parallel to the electric ﬁeld vector and should
therefore eject electrons predominantly along the laser polarization axis. This classical prediction is in qualitative agreement with

the photoelectron angular distribution observed for H
(Figure 2). However, classical theory generally fails to predict
the nature of photoelectron angular distributions; in many
photoelectron images the intensity peaks in the direction perpendicular to the light’s electric ﬁeld vector.
Two such examples, arising from photodetachment of electrons from (i) a 2p atomic orbital of O and (ii) the π*2p
molecular orbital of NO, are illustrated in Figure 4. In both cases,
the photodetachment intensity reaches a maximum in the direction perpendicular to the laser polarization axis, an eﬀect that can
be explained only within the quantum-mechanical framework. The
multiple rings in each image correspond to generation of diﬀerent
electronic or vibrational states of the remaining neutral species,
respectively. The energy-level diagrams (Figure 4C,D) indicate
the energetically accessible ﬁnal states of the neutral species for
each case. Within the energy resolution of the experiment, there is
one radial band for each neutral state.
For atomic orbitals with l I > 0, conservation of angular
momentum allows for two possible types of outgoing waves
(l f = l I ( 1), each containing its own radial and angular
components. The photoelectron wave functions in such cases
are coherent superpositions of both allowed wave types. The
relative contributions of each “partial” wave are dependent upon
the kinetic energy of the photoelectron. This leads to energy
dependence of the photoelectron angular distributions.
Photoelectron angular distributions for photodetachment
from molecular anions are even more complicated, in part due
to the lack of well-deﬁned angular-momentum quantum numbers for molecular species. However, general symmetry arguments may still be used, with considerable success, to shed light
on the properties of the parent molecular orbitals. Interested
readers are referred to ref 8 for further discussion of angular
distributions in atomic and molecular-anion photodetachment.
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’ CONCLUSIONS
Photoelectron imaging combines traditional photoelectron
spectroscopy with “photography” of quantum objects, yielding
snapshots of photoelectron probability densities. This provides a
layered approach to the quantum nature of chemical systems: by
probing both a system’s quantum energy levels and the properties of its wave functions. The unique visual accessibility of
imaging makes it a potentially eﬀective teaching tool.
We have built a tutorial example of the pedagogical value of
photoelectron imaging using a straightforward experimental
result for H. This example (as well as others) could be easily
incorporated into an introductory quantum chemistry course to
extend the traditional discussion of the photoelectric eﬀect and
photoelectron spectroscopy into the area of matter waves. In
working through this example, several core quantum-mechanical
topics and concepts have been explored, such as conservation
of angular momentum, the transition dipole moment, components of the hydrogenic orbitals, the Born interpretation of
the wave function, and the theory of quantum measurement. It
is hoped that this work provides a valuable perspective on
experimental quantum mechanics that will encourage further
exposure of undergraduates to contemporary research in
physical chemistry.
’ ASSOCIATED CONTENT

bS

Supporting Information
Appendix; the ﬁrst animation (Quicktime format) demonstrates accumulation of photoelectron signal as recorded by our
detector, with each frame corresponding to one second of
exposure. Each individual impact point corresponds to detection
of an electron (some due to noise). At ﬁrst, the impact points
appear random. However, upon accumulation of these impacts, a
clear pattern emerges, corresponding to the probability density
of any single photoelectron immediately before detection. Background is collected separately for subtraction from the ﬁnal
image (not pictured); the second animation (Moving Picture
Experts Group format) illustrates the process of Abel Inversion
for the model spherical-shell distribution described in the
Appendix. This material is available via the Internet at http://
pubs.acs.org.

ARTICLE

’ ADDITIONAL NOTE
a
The term “photon” was coined by G. N. Lewis in 1926.
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